Necessary and Sufficient conditions for the product of Riesz Nörlund summability methods ( ) (N, q) to be translative have been established. Two interesting examples will be given to show in the first that the product ( ) (N, q) is translative and in the other example to show that ( ) (N, q) need not be translative.
Introduction
Let (N, q) denote the Nörlund method in which the sequence is transformed into the sequence where = 
It follows from Toeplitz's Theorem (see Hardy, 1949 , Theorem 2) that the necessary and sufficient conditions that (N, q) to be regular are that → 0 as n → ∞ ,
and = O ( ).
For ( ) to be regular are that → ∞ as n → ∞ (5) and = O ( ).
Let { } be the ( ) transform of { }, where { } is the (N, q) transform of , and so ( ) (N, q) is expressed by the sequence-to-sequence transformation = ,
where
Translativity
A sequence-to-sequence method A is called translative to the left, if the limitability of , , … , , … implies the limitability of 0, , , … , , … to the same limit. A is translative to the right if the converse holds, A is translative, if it is translative to the left and right.. It is easy to show that every regular Nörlund method is translative. Garabedian and Randels [7: Theorem 4] obtained necessary and sufficient conditions for ( ) to be translative to the right. The author [1: Lemma (3.2)] obtained necessary and sufficient conditions for ( ) to be translative to the left. On translativity of summability methods much work has been done already e.g, see [1] , [2] , [3] , [4] , [5] , [6] and [7] . The author [1] obtained the necessary and sufficient conditions for ( ) ( ) to be translative.
Object of the Paper
The object of this paper is to obtain the necessary and sufficient conditions for ( ) (N, q) to be translative, and to show that even if both ( ) and (N, q) are regular, the product ( ) (N, q) need not be translative. Some special non trivial case for ( ) (N, q) being translative is given. These results will be concluded in section (7).
Preliminary Results
This section is devoted to results that are necessary for our purposes:
Lemma (1)
Let the summability method A be given by the sequence-to-sequence transformation:
and for every fixed k, → 0 as n → ∞, (12) and there is some sequence { } transforming the sequence { } with → 1, → 1 as k → ∞, where = , then → 1 (13) must hold.
Proof:
Let (11) and (12) be satisfied, it is known that these conditions are necessary and sufficient in order that any sequence converging to 0 should be transformed into a sequence converging to 0. Take the particular sequence given in the hypothesis,
and so ( ) → 0,
i.e -→ 0,
i.e → 0,
and since → 1 as n → ∞, then → 1 as as n → ∞. This completes the proof.
Lemma (2)
Suppose that the regular summability method A given by the sequence-tosequence transformation = (18) is such that (18) is normal, and for all n, = 1 (19) Let n denote the transform of { } where we take S -1 = 0, and suppose that U n , n are connected by the relations: 
Hence the transformation given by (21) is regular, and so A is translative to the right. Conversely, if A is translative to the right, then the transformation given by (21) must be regular; for this it is necessary that (24) and (25) hold. This completes the proof.
Main Result
In this section we will state and prove our main results:
Theorem ( Also in the special case in which = 1 all k, then as in Lemma (2) we can show that → 1, → 1 as n → ∞. Thus by Lemma (1) we see that a necessary and sufficient condition for ( ) (N, q) to be translative to the right is that (27) should be satisfied. Hence ( ) (N, q) is translative if, and only if (27) and (30) are satisfied. This completes the proof.
6.

Special Cases
This section is devoted to state and prove some special cases for theorem (1) .
Theorem (2)
Let ( ) be (C, 1) method, and let (N, q) be regular, then the product (C, 1) (N, q) is translative either to the left or right if, and only if
Proof:
Given r n = 1 all n ≥ 0, it follows from Theorem (1) Using the identity = ,
It follows from regularity of (N, q) that (48) and (46) are equivalent. This completes the proof.
Example (1)
In Theorem (1) let ( ) be (C, 1), then it is regular and translative. Let = 2n + 1; n ≥ 0, then = (n + 1) 2 ; n ≥ 0, this implies that (N, q) is regular and so is translative. Using this we see that the left hand side of (46) is equivalent to:
Hence, Theorem (2) implies that (C, 1) (N, q) is translative.
Example (2)
Let ( ) be (C, 1), and define 
= . + O(1) O(1).
Hence, a fortiori O(1).
Therefore (46) is not satisfied and the proof is complete.
